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Far Infrared Absorption in Superconducting Lead Alloys*

J. D. LESLIEt AND D. M. GINSBERG

Department of Physics, University of Illinois, Urbana, Illinois
(Received 8 July 1963)

Measurements have been made at 1.3'K of the absorption of far infrared radiation in the surface of bulk
samples of superconducting alloys composed of lead with various amounts of thallium, bismuth, or tin.
The data provide the first direct experimental evidence for a sharp gap edge in superconducting alloys.
The width of the energy gap decreases as thallium or tin is added to lead, and increases as bismuth is added.
For concentrations up to 7.7 at. % thallium the fractional decrease in the gap width is approximately pro-
portional to the fractional decrease in the critical temperature, but is significantly greater than the latter
for 10.0 at. % thallium. The steepness of the absorption edge is roughly the same in all of the samples, and
is greater than might have been expected from theoretical calculations, although these have only been per-
formed in the exteme anomalous limit, which none of our samples strictly satisfy. The structure which was
previously observed on the absorption curves of pure lead and mercury is also present in all of our alloys,
indicating that it is probably not a result of anisotropy.

I. INTRODUCTION

A CONSIDERABLE amount of work has been
devoted in recent years to the experimental deter-

mination of the width of the energy gap in various
superconductors. ' The motivation behind this work is
provided by the fundamental nature of the gap, and
its direct inQuence on many of the properties of super-
conductors. ' The methods involve measurements of
thermodynamic properties, energy absorption, electron
tunneling, or transport phenomena. The results of
these experiments have indicated that the reduced gap
width 2h/kT, ranges from about 3.2 to 4.6, where 2d,

is the gap width, k is Boltzmann's constant, and T, is
the superconducting critical temperature. This range
is in excellent but not perfect agreement with the theo-
retical value 3,5 which is predicted by the BCS theory. '
The explanation of the observed values of the gap width
provides an intriguing fundamental problem. In an
effort to help solve this problem, we have determined
the energy gap in a series of alloys. It is hoped that the
change in the size of the gap which occurs when the
electronic properties of a metal are changed gradually
by adding successively larger amounts of impurities will

prove to be more easily understood than the variation
of the gap width among pure metals, which differ from
each other drastically in many of their properties. If
this proves to be the case, an experimental study of
alloys may provide an important step to our under-
standing of the deviation of the reduced gap width from
the theoretical value. The measurements which we
have made provide the first gap width determinations in
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II. EXPERIMENTAL PROCEDURE

A. General Remarks

One is required in performing this experiment to
produce homogeneous samples of controlled composi-
tion, to expose them at low temperature (1.3'K in our
experiments) to far infrared radiation of high purity,
and to measure the absorption of this radiation in the
surface of the samples. The methods which we have
used were developed from those used in previous far
infrared experiments on superconductors, 4 ' with modi-
fications which will be described.

B. Sample Preparation

A procedure was developed to produce the required
homogeneous alloy samples. This is carried out as
follows. The starting materials, which are indicated in

TABLE I. Sources and purity of metals.

Metal

lead

thallium
tin
bismuth

Source

American Smelting
and Refining Co.

A. D. Mackay, Inc.
Vulcan Detinning Co.
American Smelting

and Refining Co.

Stated purity

99.999+%

99 99%
99 99
99.999+%

D. M. Ginsberg and M. Tinkham, Phys. Rev. 118,990 (1960).' P. L. Richards and M. Tinkham, Phys. Rev. 119, 575 (1960).

alloys, and indeed present the first direct experimental
evidence for a well-defined gap width in superconducting
alloys. This work also provides information concerning
the subsidiary absorption peak below the main gap
edge, which has been observed previously4' in pure lead
and in mercury, as well as data which show the steep-
ness of the absorption edge.

Section II is concerned with the experimental
techniques. The results are presented and discussed in
Sec. III, and the conclusions drawn from the data are
summarized in Sec. IV.
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TAsLE II. Sample compositions and characteristics.

Sample
No.

1
2
3

5
6
7
8
9

10
11
12

Solute

thallium
thallium
thallium
thallium
thallium
thallium
bismuth

'

bismuth
bismuth
bismuth
tin
tin

at.%
Solute

1.00
3.08
5.3
7.7

10.0
50.0
0.01
0.2
6.0

16.0
4.0~

10.0~

cm '

21.65&0.3
21.5 +0.3
21.6 &0.4
21.2 &0.3
19.6 &0.3

~ ~ ~

21.8 +0.5
21.7 ~0.3
22.0 &0.3
22.3 a0.3
21.4 ~0.3
21.5 ~0.3

0.61
1.91
3.25
4.71
6.00

23.8
0.0113
0.226
6.77

16.0
1.1

L
A

1700
560
330
230
180
44

94 000
4700

160
66

970

A

580
380
280
220
180
55

780
690
160
79

480

1.3
0.42
0.25
0.17
0.13
0.034

71.
3.5
0.12
0.050
0.73

0.73
1.3
2.0
2.8
3.5

21.
0.51
0.57
4.0

12.
0.94

4.673
2.950
5.263
3.774
1.808
0.948
6.803
4.878
2.915
2.398
8.130
6.329

a Probably precipitated to 3.S at. % tin in lead.
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FIG. 3. Absorption curves for samples 1 through 6. Sample

compositions are given in Table II. For samples 1 through 5, P is
plotted. For sample 6, no normal-state data could be obtained,
so P* is plotted. P and P* are dined in the text (Sec. II.E).

alloying. However, we found that most of our samples
had low-temperature resistances which were lower than
that of our almost pure lead sample (Number 7, 0.1
at. 'Pz Bi in Pb). Moreover there was no apparent,
systematic variation of the measured residual resistance
as a function of alloying. Since a chemical analysis which

was made on a portion of two of our samples ha, s shown
that the intended compositions were in fact achieved,
this discrepancy cannot be blamed on unexpected
sample compositions. It seems certain that some super-
conducting Glaments were present in our alloy samples,
even in the presence of the applied magnetic field, and
that these filaments masked the change in normal-state

dc resistance which alloying produced. Such Glaments
have been noted in superconducting alloys by many
investigators.

E. Data Analysis

The data for a sample are processed in the following
way to yield an absorption curve. From the values of
Pq(v) obtained for a given wave number v in different
runs, we compute an average value )Ps(v)]~. The
values of this average for different v are then normalized
so that Ps(33.33 cm ')=1, to yield the normalized
values LPs(v)]~, „.Then the same process is carried out
for the normal-state data. Finally, each "super-
conducting" value PPq(v)]~, „ is divided by the corre-
sponding "normal" value $P~(v)]g, „. The resulting
ratios are plotted as a function of v, and a curve is drawn
through the points. The energy at which the curve
seems to have a discontinuity in slope is taken to be the
width of the energy gap, 2d.

To facilitate comparison of the shape of the various
absorption curves, the following Gnal normalization is
made. We calculate

P's(v)]~, -
P(v) =E ' —1,

LP~(v)]~,.
where E is chosen so that the height of the absorption
curve at the energy gap is unity. The values of E used
in this process are listed in Table II. The absorption
curves then show how P(v) depends on v.

The above procedure was carried out for all of the
samples, except that for numbers 6 and 10, LP~(v)]~,„
was taken to be unity for all the values of v, since we
have no normal-state data for these samples, as ex-
plained above. The ordinates of the absorption curves
for these two samples are labeled I'* to call attention to
this. Also, since the absorption data for sample 6 did
not allow the clear assignment of an energy gap value,
the curve is arbitrarily normalized to have unit height
at 12.0 cm '.

The uncertainty indicated by the vertical line drawn
through each point determining the absorption curves
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indicates plus and minus one standard deviation $(v),
as computed from a statistical analysis' of the relative
scatter in values of P from data obtained on six of the
samples.

III. EXPERIMENTAL RESULTS AND DISCUSSION

A. The Data
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The absorption curves are presented in Figs. 3 and 4.
The meaning of P or P*, and the manner in which the
experimental uncertainties were estimated, is discussed
above. It can be shown' that P is approximately
proportional to R~—R8, where R~ and R~ are the
surface resistances of the sample in the normal and
superconducting state, respectively. The numerical
data from which the curves have been plotted are
tabulated elsewhere. '

All the absorption curves except that for sample 6
show sharp absorption edges. (The interpretation of
the absorption curve for sample 6 is diKcult, since we
have no normal-state absorption data. ) The absorption
curves all show at least one small absorption peak below
the main absorption edge. This structure will be
discussed in Sec. III,K.

The energy gap 2h is taken to be the energy at which
the absorption curve seems to have a discontinuity in
slope. Uncertainties were assigned to the gap values by

passing possible curves through the error bars. The
gap width values and their uncertainties are listed in
Table II.

.001
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7.I95'K

Fn. S. Effect of
thallium impurity on
the energy gap width
2d and the critical
temperature T, of
lead.

B. Comparison of Gap Widths with
Other Experiments

For the lead-thallium system, our energy gap values
can be compared with reliable critical temperature
measurements. Finnemore and Mapother'3 have made
magnetic measurements on some of the wire samples
which were cast and annealed with our cavity samples.
Their measurements yield the difference between T, of
an alloy sample and that of a pure lead reference sample.
Using the critical temperature value for pure lead
obtained by Franck and Martin, ' they then obtain the
critical temperatures indicated by Fig. 5. In this
Figure, we have compared the effect which the thallium
impurity has on 2A with its effect on T, by plotting

2.0

I.S
0 2 4 6 8 10 I2

ATOMIC PER CENT THALLIUM IN LEAD

~ l.6
CL
~ l.4
O

~ l.2

l.o

.8
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ENERGY (cm I)

30 35 42

FIG. 4. Absorption curves for samples 7 through 12. Sample
compositions «e given in Table II. All of the plotted points
indicate values «E', except for sample 10. For the latter, no
normal-state data could be obtained, so I'* is plotted. P and E*
are de6ned in the text (Sec. II.E).

L(26/21. 8 cm ') —1] and
I (T,/7. 193'K)—1j versus

at.% thallium, where 21.8 cm ' and 7.193'K are the
pure-lead values of 2A and T,.As evidenced by the plot,
the reduced gap width 2D/kT, remains approximately
constant up to 7.7 at.% thallium, within the uncer-
tainties of the experimental results. (The uncertainty
in T, is negligible compared with that in 2h. ) However
for 10 at.

%%uz thalliu m, th e fractiona 1 decreas e inenergy
gap is significantly larger than the fractional decrease
in critical temperature. There is some evidence, "
although not conclusive, that we may have crossed a
band edge in going from 7.7 to 10 at.% thallium. If this
is the case, it might account for the sudden change io
2~/kZ'. .

In Fig. 6 we have plotted P (2d/21. 8 cm ') —1j versus
impurity content for our lead-bismuth and lead-tin

"D.K. Finnemore and D. E. Mapother (to be published)."J.P. Franck and D. L. Martin, Can. J. Phys. 39, 1320 (1961).'" A. V. Gold, Phil. Mag. 5, 70 (1960).
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samples. Unfortunately, we know of no reliable critical
temperature measurements for either of these alloy
systems to compare with our gap values. Meissner et at."
obtained critical temperature data for lead-bismuth and
lead-thallium alloys by measuring the resistive transi-
tion, but this is now known to be an unreliable method.
In Fig. 6, the energy gap appears to be increasing
linearly with the amount of bismuth impurity. Meissner
et al. found an increase in the critical temperature as
lead is alloyed with bismuth, but their fractional
changes in T, are about five times larger than our
fractional changes in energy gap.

The concentrations of our two lead-tin samples are
shown in Fig. 6 as 4.0 and 10.0 at.%, but there is strong
evidence from magnetic data of Livingston" that all
but about 3.5 at.% of the tin in these samples precipi-
tated out of the solid solution before the infrared
measurements were made. Therefore, these two samples
most likely have a composition of 3.5 at. %%uo tin in lead,
with different amounts of precipitated tin. It is interest-
ing that the absorption curves for both of these samples
have sharp gap edges.

The trends shown by the data of Figs. 5 and 6 are
similar to those noted by Serin and coworkers"" in
an extensive and systematic set of measurements of the
critical temperatures of tin and aluminum alloys. They
observed that large concentrations of solute impurities
with higher valence than the host metal tend to raise T,
more than those of the same valence, which in turn
tend to raise T, more than impurities of lower valence.

C. Comparison of Gap Widths with Theory

We know of three detailed calculations of the effect
of the electron mean free path on the superconducting
energy gap. One of these" is limited to much smaller
impurity concentrations than are present in our
samples. The other two"" predict a decrease in the
gap width which is an order of magnitude larger than
that observed in the thallium-doped alloys. However,
these two calculations seem to be made invalid by the
following theoretical considerations. Mattis and
Bardeen23 and also Anderson'4 have pointed out that the
pairing in the presence of impurities should be between
exact time-reversed eigenstates of the normal-state
alloy. Anderson has also emphasized the importance of
carefully handling the energy cutoff of the electron-
phonon interaction. He has shown that the limitation

"W. Meissner, H. Franz, and H. Westerhoff, Ann. Physik 13,
505 (1932).

'7 J. D. Livingston (private communication)."E. A. Lynton, B.Serin, and M. Zucker, J. Phys. Chem. Solids
3, 165 (1957).' E. A. Lynton and B. Serin, Phys. Rev. 112, 70 (1958)."D. J. Kenworthy and D. ter Haar, Phys. Rev. 123, 1181
(1961);see erratum: D. J. Kenworthy, M. J. Zuckermann, D. M.
Brink, and D. ter Haar, Phys. Letters 1, 35 (1962).

2' H. Suhl and B.T. Matthias, Phys. Rev. 114, 977 (1959)."K.Nakamura, Progr. Theoret. Phys. (Kyoto) 21, 435 (1959)."D. C. Mattis and J. Bardeen, Phys. Rev. 111,412 (1958)."P.W. Anderson, J. Phys. Chem. Solids 11, 26 (1959).
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of the electron mean free path I. by the addition of
impurities should not change the gap width or critical
temperature if one starts the calculation with an
electron-phonon interaction which is isotropic in the
pure superconductor. The experimentally observed
initial decrease in T, which is brought about by small
amounts of impurities"" is attributed by Anderson to
a washing out of the anisotropy which is actually
present in the pure superconductor.

The solutes are also expected to bring about changes
in other parameters which affect the critical tempera-
ture and energy gap. These are evident in the relation
which 3CS derive' for the pure isotropic superconductor
(in the weak-coupling limit)

25=3.5kT, =4.0Puo~ exp( —1/NV).

In this equation, ku„ is some average phonon energy,
N is the density of states at the Fermi surface in the
normal metal, and V is the electron-phonon coupling
constant. Unfortunately, there are neither experimental
data nor convincing theoretical results which tell us
how the phonon spectrum is changing as one adds
impurities to lead. Also, there are convicting claims, " '
based on experimental measurements on other alloy
systems, concerning the question of how, or even
whether, the coupling constant V changes with alloying.
There is some evidence" that the density of states N
may be increasing as one adds bismuth to lead, and
decreasing as one adds thallium to lead, and this would,
according to Eq. (1), lead to a change in gap wid. th of
the observed sign. In the present circumstances, it
would be premature to make a quantitative comparison,
however, particularly in light of indications from mag-
netic measurements" that N does not change with the
addition of bismuth or thallium to lead.

25 R. L Gayley, Jr., E. A. Lynton, and B.Serin, Phys. Rev. 126,
43 (1962).

C. H. Cheng, K. P. Gupta, E. C. Van Reuth, and Paul A.
Beck, Phys. Rev. 126, 2030 (1962).

~'F. J. Morin and J. P. Maita, Phys. Rev. 129, 1115 (1963).
'8 J. D. Livingston, Phys. Rev. 129, 1943 (1963).
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D. Steeyness of the Absorption Edge

In Fig. 7 we have plotted the absorption edges of six
of our samples. The absorption edges of the remaining
samples have been omitted for clarity, since they fall
between the curve for 10 at. '%%uo tin and that for 10 at.%
thallium. Following Richards and Tinkham, 5 we can
show that the absorption curves measure approximately
the frequency dependence of R&—R8, where Rz and R8
are the surface resistances in the normal and the
superconducting states, respectively. For comparison
with the observed absorption edges, we have plotted
the curve showing R~—Rg derived from the Mattis-
Bardeen conductivity values" in the manner described
by Richards and Tinkham.

It is seen from the Figure that the absorption edges
for the various lead alloys are much closer to each
other than they are to the theoretical curve. This is the
same conclusion drawn by Richards and Tinkham from
data for other superconductors. " It should be noted,
however, that none of our samples strictly satisfy the
conditions for the validity for this application of the
theory. These conditions are X/$«1 and &or«~/",
where X is the penetration depth, f is the coherence
length, co is the angular frequency of the radiation, L is
the electron mean free path, and 7 is the mean-electron
scattering time. (See Table II. The manner in which
some of the entries were determined is described in the
Appendix. ) However, the samples which come closest to
doing so have absorption curves which are among the
most deviant from the theoretical curve. It is interesting
that the observed curves agree with each other as well
as they do, in light of the large variation in the im-
portant parameters which should characterize the
samples, as shown in Table II. We have not made any
calculations of the theoretical shape of the absorption
edge for our samples. This would require an extensive
theoretical analysis, since they are expected to be
neither in the extreme anomalous limit nor in the
classical limit.

E. Structure on the Absorption Curves

The absorption curves in Figs. 3 and 4 all show a
small subsidiary absorption peak at an energy of about.

ss P. B. Miller /Phys. Rev. 118, 928 (1960)g has improved on
the Mattis-Bardeen calculation by a more precise mathematical
treatment of the long-wavelength Fourier components of the
currents, for tin and aluminum. His correction in each case makes
the theoretical absorption edge slightly less steep. This worsens
the agreement with the experimental results of Richards and
Tinkham for tin, and also yields a low-temperature absorption
edge for aluminum which is slightly less steep than that observed
by M. A. Biondi and M. P. Garfunkel /Phys. Rev. 116, 855
(1959)g. Miller's calculation has not been carried out for lead.
P. L. Richards has observed [Phys. Rev. Letters 7, 412 (1961)]
that the absorption edge in tin becomes more steep as one alloys
small amounts of indium with the tin, although his results do not
show whether the initial onset of absorption is sharp. Richard' s
samples were electropolished, and it is possible that our purest
specimen (Xo. 7) would have shown a less steep absorption edge
than our other samples if the surface had been electropolished to
reduce diffuse electron scattering at and near the surface.

0.8 of the gap width. (This statement does not include
sample 6, for which an energy gap could not be
assigned, and sample 9, for which this region of the
absorption curve was not measured. ) Some of the curves
also show possible structure at about 0.65 of the
energy gap.

Such a subsidiary infrared absorption peak has been
observed previously in pure lead and mercury, 4' and it
was stated that it might be due to either anisotropy or
collective states in the gap. Our results seem to weaken
both of these possibilities. On the one hand, Anderson'4
has shown that significant anisotropy should be present
only in samples in which the electron mean free path
is not short comp'ared to the coherence length in the
pure superconductor. Table II shows that many of our
samples do not satisfy this criterion, so anisotropy
seems to be ruled out as a possible cause of the observed
structure. On the other hand, Maki and Tsuneto' have
calculated the effect of impurity scattering on exciton-
like collective states in the gap, and find that scattering
should drastically shift the energy of the collective
excitation. Since we observe no appreciable shift of
this kind, this would indicate that these collective
excited states are not the cause of the observed struc-
ture. However, it has been suggested" that collective
excitations might still explain the structure, if the
energy dependence of the gap parameter 6 were taken
into account.

To check that the structure was not an instrumental
eGect, we measured the far infrared absorption of a
"dummy sample" cavity made of brass. At any wave-
length the absorption ratio "Ps" (magnet o8) was
found to be equal to the absorption ratio "P""(magnet
on). This confirms that the structure which we observe
in the superconducting samples is not due to a field-
induced change in the wavelength dependence of the
bolometer's absorption characteristics.

Rowell et a/. 32 have measured electron tunneling
between two superconducting lead films. They have
found structure in their tunneling curves which they
believe is directly related to the observed far infrared
structure.

Townsend and Sutton'3 have also found some struc-
ture on tunneling curves for lead. They interpret this
as resulting from anisotropy. They find two gap values,
4.30 kT, and 4.67 kT, . We find a gap width equal to
4.37 kT, in our measurements on almost pure lead
(sample No. 7). If we saw their second gap in our
measurements, it would occur at approximately
23.8 cm '. According to Table II, three of our samples
1, 7, and 8, have values of L/Ps large enough to observe
anisotropy according to Anderson's criterion. '4 How-

~ K. Maki and T. Tsuneto, Progr. Theoret. Phys. (Kyoto) 28~
163 (1962)."L. P. Kadanoff (private communication)."J.M. Rowell, P. W. Anderson, and D. E.Thomas, Phys. Rev.
Letters 10, 334 (1963)."P.Townsend and J. Sutton, Phys. Rev. 128, 591 (1962).
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Frc. 7. Absorption edges. The curves
indicate values of P except in the case
of 16.0 at.% bismuth in lead. For the
latter, no normal-state data could be
obtained, so the curve indicates values
of P*.P and P* are de6ned in the text
(Sec. II.E). The absorption edges of
the other samples fall between that of
10 at.% tin and that of 10 at. 'P& thal-
lium. The theoretical curve of Mattis
and Bardeen was calculated in the ex-
treme anomalous limit, which none of
our samples strictly satisfy.
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ever, our results do not permit us to confirm the higher

gap width found by Townsend and Sutton, which has
also been absent in other tunneling measurements. '4

IV. SUMMARY

Far infrared absorption measurements for bulk
superconducting alloys of lead containing thallium,
bismuth, or tin provide for the first time direct experi-
mental evidence of a sharp gap edge in superconducting
alloys. We believe this is characteristic of highly
homogeneous alloys without trapped magnetic Aux.

For each sample, the energy gap width is taken to be
the energy at which the absorption curve seems to have
a sharp change in slope, and the resulting values are
given in Table II. The gap width in almost pure lead
(sample 7) is in good agreement with the gap width in
"pure" lead which has been found in tunneling
measurements.

We have compared the energy gap values for the
lead-thallium alloys with observed critical temperatures.
For up to 7.7 at.% thallium, alloying decreases the
critical temperature and gap width, but the ratio
2A/kT, remains approximately constant at a value of
about 4.37. However, at 10.0 at.% thallium, the
decrease in gap width is significantly larger than that
in the critical temperature, since 2kjkT, is about 4.07.
This may indicate that one crosses a band edge on
going from 7.7 to 10.0 at.% thallium.

The increase in gap width caused by putting bismuth
in lead and the decrease caused by putting thallium in
lead call to mind previously observed correlations
between solute valence and changes in critical tempera-
ture. The absorption curves for both samples composed

~ I. Giaever, H. R. Hart, Jr., and K. Megerle, Phys. Rev. 126,
941 (1962).

of tin in lead are quite sharp, so precipitated tin does
not seem to have any drastic effect on the far infrared
properties of the superconducting alloy.

The structure on the absorption curve below the gap
edge, which has been seen previously in pure lead and
mercury, is present in all the alloy samples. This would
seem to eliminate anisotropy as a possible cause of the
structure. Present theoretical calculations indicate that
if the structure is due to exciton-like collective states
in the gap, alloying would cause it to shift drastically
in energy, contrary to our results.

The steepness of the absorption edge is roughly the
same in all of the samples. It is considerably steeper
than a theoretical prediction, which however, has been
made only in the extreme anomalous limit, which none
of our samples strictly satisfy.
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APPENDIX: DERIVATION OF SOME OF THE
PARAMETERS IN TABLE II

Values for the residual resistivity p, which enter into
the calculation of some of the parameters in Table II,
were obtained for the lead-thallium system by inter-
polation from data obtained by Goodman. "These agree
quite well with measurements made by Livingston"

"B.B. Goodman, IBM J. Res. Develop. 6, 63 (1962}.
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at 20.4'K if Matthiessen's rule" is used to 6nd from
these the expected residual resistance values. Residual
resistivities for the lead-bismuth and lead-tin samples
were estimated from measurements made by Living-
ston'8 on these alloy systems.

The electron mean free path I. has been calculated
by using the residual resistivity estimates in ChambeIs'
relation3~ for lead,

(pL) '= (9.4+0.7)X 10'"0 ' cm '.
The coherence length ( in each alloy sample was

calculated from Gorkov's equation as simpHfied by
Goodman, "

j-'= $
-'+ (1 32L)-r

"A. H. Wilson, The Theory of Metals (Cambridge University
Press, New York, 1953).

3 R. G. Chambers, Proc. Roy. Soc. (London} A215, 481 (1952).

using a value of 780 A for $e. This is the value given by
using Bardeen and Schrieffer's value' for the Fermi
velocity e, SX10' cm/sec, and our va, lue of 6 for
sample 7, in the BCS equation ),=tee/sr'.

The electron scattering time ~ has been estimated
from the relation r=L/n In Table II, the angular
frequency of the radiation cu is that for a wavelength
of 500 p, which is approximately its value at the gap
edge.

The penetration depth is estimated from relations
given by Pippard, ' which are in approximate agreement
with the BCS theory. We calculate his X from his
Eq. (15), and use our value for $e and I.ock's value"
for X. Pippard's Eq. (14) then yields a value for A. We
can then compute X from his Eq. (13) or (15), or we can
obtain X from his Fig. 2.

38 A. B. Pippard, Proc. Roy. Soc. (London) A216, 547 (1953).
39 J. M. Lock, Proc. Roy. Soc. (London) A208, 391 (1951).


