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Reaction Mechanism in Inelastic Scattering of Protons from Mg, Cr,
and Other Elements from 3.5 to 2 Mev*

FREDERICK D. SEWARD/
University of Rochester, Rochester, Seto York

(Received November 26, 1958)

Inelastic scattering of protons leading to the first excited states of Mg" and Cr" and to single excited
states of other elements has been studied. do./dao (90') was measured as a function of proton energy from
3.5 to 7 Mev. Angular distributions of inelastically scattered protons and p —y angular correlations were
taken at several energies. Experimental measurements are compared with direct-interaction theory and
with predictions of the statistical model. Data for Cr" (p,p')Cr'2* at 5.4 Mev is well fit by the statistica1
model. The Mg'4(p, p')Mg'4* reaction at 7 Mev can be interpreted as a direct interaction. The Mg reaction
at 5.4 Mev and the Cr reaction at 7 Mev appear to have a bit of direct interaction in them. It is suggested
that the amount of direct interaction in this (p,p ) reaction depends on the nuclear barrier height. Statistical-
model expressions for reactions studied are given in an Appendix.

I. INTRODUCTION

'HE concept of a compound nucleus (CN) has
been quite useful in explaining many of the

features of low-energy nuclear reactions. YVhen many
levels of the CN are excited in a reaction, the statistical
model' is expected to predict its behavior. Many
reactions in which this model should be valid do not
show the expected behavior. ' ' These have been
interpreted as direct, interactions (DI). Deuteron
stripping reactions are perhaps the most familiar
examples of direct interactions.

The statistical model is based on three assumptions:
(1) The CN assumption —the incident particle and
the target nucleus immediately form a compound
state in which the incident energy is shared among all
nucleons. The disintegration of this compound state is
independent of its mode of formation. (2) Many CN
states contribute to the reaction at the energy con-
sidered. (3) The statistical assumption —the phases of
the wave functions describing these states are essen-
tially random. As a consequence of this last assumption,
angular distributions of reaction products are symme-
trical about 90'. Angular correlations between inelastic
protons and subsequent p rays are expected to show no
particular axis of symmetry. "

If the CN assumption does not hold, and the incident.
particle interacts with only one or a few nucleons of
the target nucleus, the reaction is called a DI. The
simplest DI model is based on three assumptions:
(1) The Born approximation is made. (2) The entire
reaction is assumed to take place in a region close to
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Reviews, Inc. , Stanford, 1955), Vol. 5, p. 99.

2 R. Sherr, Proceedings of the University of Pittsburgh Conference
on Nuclear Structure, 1957, edited by S. Meshkov (University of
Pittsburgh and Office of Ordnance Research, U. S. Army, 1957),
p. 361.' I.. R. H. Elton and L. C. Gomes, Phys. Rev. 105, 1027 (1957).' G. R. Satchler, Phys. Rev. 94, 1304 (1954).

the nuclear surface. (3) The range of the nucleon-
nucleon interaction is taken to be zero. Angular distribu-
tions based on this simple model have the form of
spherical 8essel functions. ' Angular correlations between
inelastic particles and subsequent' rays are symmetrical
about the direction of the recoil nucleus. If the y
radiation is pure electric quadrapole (E2), and if 8~ is
the angle measured from the recoil nucleus direction,
the angular correlation has the form sin'(29~). Angular
distributions from some n-particle reactions are well
fitted by this simple model. "

A more sophisticated DI calculation in which the
above three assumptions were dropped has been done
by Levinson and Banerjee. Optical-model wave
functions were used for incident and scattered waves
and shell-model wave functions for the initial and
final states. A finite-range Vukawa force was assumed
to act between nucleons and the calculation was done
throughout the nuclear volume. The variable param-
eters in this calculation were picked to give agreement
with the C"(p,p'y) data at 14—18 Mev. Calculated
angular distributions are quite sensitive to distortion
and bear no resemblance to spherical Bessel functions.
Predicted p' —y angular correlations, however, are
quite similar to those of Born approximation and have
the form 2+8 sin'[2(|t~ —eo)j, with A, 8, and 0,
constants. This model gives a reasonable fit. to a wide
range of data.

Since the lifetime of a CN is quite long compared with
the time required for a DI, these two processes are
expected to be incoherent. '

The experimental work to be discussed in this paper
is concerned only with inelastic proton scattering
leaving the target nucleus in a single, definite excited
state, usually the first. This nucleus subsequently
decays by emitting a p ray. Three types of data were

5 G. R. Satchler, Proc. Phys. Soc. (London) A68, 1037 (1.955).
6 H. J. Watters, Phys. Rev. 103, 1763 (1956).' C. S, Hunting and N. S. Wall, Phys. Rev. 108, 901 (1957).

C. A. Levinson and M. K. Banerjee, Ann. Phys. N. Y. 2,
471 (1957); 3, 67 (1958).' A. M. Lane, Revs. Modern Phys. 29, 191 (1957).



REACTION M I:CHA X I. SM I X I NELASTI C SCATTERI NG 515

taken. Measurements were made of do./dko (90') as a
function of incident proton energy, angular distributions
of the inelastic protons, and angular correlations
between the inelastic protons and p rays.

Relatively thick targets were used so that many levels
of the CN would contribute to the reaction and the
statistical model could be applied to the results. Targets
were about 150 kev thick at the energies used. The data
of Shi6er et aL" indicate that. at least 7 levels of the CN
contribute to the reaction at, any one energy for Z 25.
The CN level spacing is quite large in the lighter
elements and resonant effects appear in some of the
data. For these elements, measurements were taken at
energies between resonances so the ratio of CN to DI
components of the reaction would be as low as possible.
Some data for Mg'4(p, p'y) were taken directly on what
appeared to be a resonance to see what effect this
had on the angular correlations.

Predictions of the statistical model are compared with
the Cr" (p,p'y) data. The statistical model is applied to
total cross-section measurements and angular distribu-
tions of inelastic protons in the form developed by
Hauser and Feshbach. "Predictions for angular correla-
tions were obtained from general expressions given by
Devons and Goldfarb. " Nuclear properties appear in
these formulas in the form of transmission coeKcients,
Tl„where I. is the orbital angular momentum of the
proton. It was assumed that only two channels were
open for the CN decay: the elastic channel, and
inelastic scattering to the erst excited state. Expressions
of this type have been calculated by Satchler4" but
the published formulas contain errors. These have been
recalculated and are given in the Appendix. Two
models were used to calculate the Tl.. A black nucleus
(continuum theory) was first assumed since tables"
were available from which the Tl. could be easily
obtained. Fits to the data with this model were not
good so some TI, were calculated using an optical-
model potential.

The simple Born approximation DI theory is com-
pared with some of the angular distributions taken. No
distorted wave calculations of angular distributions
were made. The form of the angular correlations,
however, is not supposed to be much aGected by
distortion and some of the data are fitted with the
predicted ~1+8 sin'L2(0, —Oo)j form.

II. EXPERIMENTAL METHOD

The University of Rochester 27 in. variable-energy
cyclotron was used to make the measurements to be
described. The internal beam is extracted electro-

' J. P. SchiGer et al. , Phys. Rev, 104, 1661 (1956).
"W. Hauser and H. Feshbach, Phys. Rev. 87, 366 (1952)."S. Devons and L. J. B. Goldfarb, Handbzcch der Physzk

(Springer-Verlag, Berlin, 1957), Vol. 42, 362.
'3 G. R. Satchler, Phys. Rev. 104, 1198 (1956).
'4 H. Feshbach et al. , Atomic Energy Commission Report

NYO-3077, 1953 (unpublished).

statically, focused by a pair of quadrapole magnets,
analyzed by a wedge magnet, and passes through two
scattering chambers. A 10-in. diameter chamber can be
used in conjunction with a 180' spectrometer magnet
for high-resolution work or the beam can be passed
through this 10-in. chamber and into a 36-in. diameter
chamber containing two counters on rotating arms.
The energy calibration of the beam was accurate to
about 0.5% and the full width at half maximum of the
analyzed beam in energy was less than 0.5'Po. This
energy spread in the beam was small compared to the
target thickness used and was usually neglected.

Targets used were mostly self-supporting natural
metal foils about 2 mg/cm' thick. The Be target had
been made for a previous experiment. The C target
was made by cracking acetlyene gas on a hot Ta plate. "
Commercial Al, Ti, and Au foils were used. "Mg, V,
and Fe targets were made by reducing commercial
foils in thickness by electropolishing. Cr and Co foils
were made by electroplating, and the Si target was
Inade from a thin piece of Pyrex glass.

Inelastic protons from these targets were detected by
a scintillation counter in the 36-in. chamber. This
counter consisted of a 0.020-in. CsI(Tl) crystal bonded
to the face of a DuMont-6291 photomultiplier. Elec-
tronics were conventional and pulses from this counter
were analyzed in a RIDL model 3300 100-channel
pulse-height analyzer.

The cross section at 90' was measured by fixing this
counter at 90' and an ion chamber monitor at 23'.
Scattering into this monitor was essentially all elastic
and is known to be Coulomb for Z&13 at these
energies. ' " Elastic scattering from Au is Coulomb
at all angles. " Protons were scattered from both a
Au target and the target of interest. If it is assumed that
elastic scattering from the target of interest is Coulomb
at the monitor angle, the inelastic scattering cross
section in mb/sterad is given by

do. Z'M(Au)lV(T)—(90') = 5.184
d(u siV(Au) M (T)F„'

Z is the atomic number of the target of interest and s
is the abundance of the isotope which contributes the
inelastic group. lV(T) is the number of counts in this
group and M(T) is the number of monitor counts.

E(Au) and M(Au) are the number of counter and
monitor counts from the Au target. E„is proton energy
in the laboratory system. This measurement of cross
section is independent of the monitor angle, beam

'5 G. C. Phillips and J. E. Richardson, Rev. Sci. Instr. 21, 885
(1950).

"Thanks are due to Mr. L. A. Hurwitz and the Hamilton
Watch Company for supplying the Ti foil.

' W. F. Waldorf and N. S. Wall, Phys. Rev. 107, 1602 (1957).
' C. A. Preskitt, Jr., and W. P. Alford, Atomic Energy Com-

mission Report NYO-2172, 1958 (unpublished); also Phys. Rev,
(to be published).
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FIG. 3. Proton spectrum from the Ti target taken with spectrometer magnet. 4th, 5th, and 6th excited states of Ti are labeled as
questionable because scattering from other Ti isotopes is strong in this region.

increasing this delay to 275 mpsec. Random coincidences
in the fast-slow circuit were found. to be a constant
fraction of those in the slow coincidence circuit. Since
about 90% of the counts in the slow coincidence
circuit were random the number of random counts in
the fast-slow circuit could be estimated. Counting
rates used were such that the random rate in the
fast-slow circuit was 10—20% of the true rate for most
of the measurements. Angular correlations were taken
by setting the spectrometer magnet at a given angle
and measuring the number of p' —y coincidences as a
function of the angular setting of the y detector.

Figures 1 and 2 show typical spectra obtained with
the scintillation counter. Prominent groups seen, and
the expected positions of elastic scattering from C
and 0 have been labeled. Proton energies indicated are
lab energies in the center of the target and are in Mev.
These curves are 100-channel analyzer data and points
corresponding to the individual channels are shown for
one spectrum. Only a smooth curve through these
points is shown for the other spectra. To check on the
interpretation of this scintillation counter data, some
proton spectra were taken with the spectrometer
magnet. A typical magnet spectrum is shown in Fig. 3.
This is for the Ti target, . The horizontal scale is the
reading of the meter used to measure the spectrometer
magnet field. The prominent inelastic proton groups
have been labeled. Energies of the first three excited
states of Ti4' calculated from this spectrum are 0.98,
2.34, and 2.46 Mev. This agrees with other work. ""

Dr. RESULTS-Mg

Scintillation counter spectra similar to those shown
in Figs. 1 and 2 were used to measure do./dko(90')
and angular distributions. Only inelastic protons leaving
Mg'4 in its first excited state were studied. As can be

' Nuclear Level Schemes, A=40—A=92, compiled by Way,
King, McGinnis, and van Lieshout, Atomic Energy Commission
Report TID-5300 (U. S. Goverment Printing OKce, Washington,
D. C., 1955)."R. M. Sinclair, Phys. Rev. 107, 1306 (1957}.

seen from Figs. 1 and 2 this group is quite strong.
What appears in the scintillation spectra as a small

group just on the low-energy side of the Mg'4 first
excited state group was resolved by the spectrometer
magnet into three groups. These correspond to inelastic
scattering from states in Mg" and Mg". The eRect of
this small group was always subtracted with no trouble.

do/da&(90') for inelastic scattering to the first excited
state is shown in Fig. 4. Proton energy has been
converted into the center-of-mass system. Horizontal
bars show the target thickness and vertical arrows
indicate energies where angular distributions were
taken. The arrow labelled (MIT) represents an angular
distribution taken by G-ove and Stoddart. "This cross
section is given in mb/stera, d if the elastic scattering at
23' is Coulomb. If this is not so, the vertical scale is
inaccurate. No attempt was made to check this since
the absolute value of the Mg"(p, p') cross section is
unimportant for this experiment. Error bars represent
counting statistics. Resonant eRects seem to be quite
prominent in this curve and the bumps seen could be
due to individual resonances since they have about the
same width as the target.

Angular distributions of these inelastically scattered.
protons are shown in Fig. 5. Error bars represent
counting statistics and uncertainties in background
subtraction. At low angles a background appeared
because of slit scattered low-energy particles in the
beam. This appeared as a low-energy tail on the elastic
peak and a subtraction was only necessary at low angles
where the elastic peak was quite large. Thus the larger
error bars at low angles. The dotted lines are angular
distributions predicted by the Born-approximation
direct-interaction theory. These are poor fits to the
data. Changing the interaction radius does not help.
The MIT angular distribution at 7,26 Mev is quite
diRerent in shape than the one given here at 7.01 Mev.
This is not surprising since there appears to be a
resonance in the reaction at this energy.

"H. E. Gove and H. F. Stoddart, Phys. Rev. 86, 572 (1952l.
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increased to 275 mpsec and the point was taken in
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Angular correlations are shown in Figs. 6, 7, and 8.
Error bars represent counting statistics. The curves
have been normalized by dividing each point by the
number of single counts in the proton'detector. The solid
angle of the y counter has also been taken into account

FIG. 5. Angu1ar distribution of inelastic protons leaving Mg'4 in
its 1st excited state for proton energies indicated by arrows in
Fig. 4. Dashed lines are predictions of Born-approximation
direct-interaction theory. The reaction appears to have a resonance
at E„6.66 Mev. Increasing the interaction radius does not give
a better. fit at this energy.



REACTION M ECHAN I SM I N I N ELASTI C SCATTER I N 6

~2

JI
' ~ 454

OJ

o .I-a
4J
Qo

00

CL

4.
O
o s2
K

'

4J

.1-
4J

0 30
I

60
I

90
I

120

8JJ~ 90

I

l50 180
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Solid curves are of the form A+8 sin'2(8„—Hs).
These curves are least-squares fits to the data. An
IBM-650 computer was used to determine the best
values of 2 and 8 for a given 00. The machine also
computed the root mean square deviation of the data
from the 6tted curve. This calculation was repeated
for several values of 00 and the one giving the minimum
value of this root mean square deviation was taken as
the best 6t, This best Gt is the curve which is shown.

The data at 6.66 and 7.01. Mev have been fitted by
this method. The correlations at 5.41 Mev have been
fitted by specifying 00=0 and leaving some of the
points out of the least-squares analysis. The three
low-angle points have been omitted from the fit at
0„.=45' and the two end points at 8~ =90'.

Consider the first three 7.01-Mev angular correlations.
The axis of symmetry follows the recoil axis closely
(Hs ———1', —5', 2' for these curves) and does not
consistently coincide with the beam or inelastic proton
direction. All three curves are well fit by the form which
has been derived by a direct-interaction calculation at
a higher energy. The values of A/8 and 8s are of the
same order as those found for the C"(p,p'y) reaction
at 16 Mev. ' The reaction at this energy therefore might
be interpreted as proceeding largely by a direct interac-
tion, most of which goes in the forward direction.

The compound nucleus contribution to these curves
is unknown so there is danger in interpreting them as a
pure direct interaction, even though they have the
proper form. At 8~ =90', for instance, the DI symmetry
axis (40' or 85') is almost indistinguishable from that
expected for the CN contribution (90').

The Mg angular correlations at 6.66 Mev were

purposely taken where the reaction shows a resonance
and the CN contribution should be large. These
correlations are surprisingly well fit by the DI form.
However, the axis of symmetry does not follow the
recoil axis as closely (Hs ———16', —3', —5' for these
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Fzo. 7. Mg~(p, p'y) angular correlations at E~ 6 66 =Mev. .
The reaction appears to have a resonance at this energy. Solid
curves are of the form A+8 sin'$2(e~ —go)g. Vertical arrows
indicate recoil nucleus direction.

curves) and the ratio A/8 is higher. This DI form then
is disturbed, but not destroyed by the resonance.

The correlations at 5.41 Mev could be interpreted as
being partially of this DI form. Once more there is
danger that these symmetries are due to Inostly CN
formation. However, the maxima and minima fall in
the places one would suspect for a DI.

The variation of drr/d&a(90') and the shape of the
angular distributions with energy could indicate a
large CN contribution to the reaction. No information
about the DI component can be obtained from the
angular distributions since the form of distorted-wave
DI angular distributions has not been calculated at
these energies.

IV. RESULTS-Cr

Proton spectra from the Cr target are shown in
Figs. 1 and 2. The proton group corresponding to the
first excited state of Cr" was well resolved from all
other groups of reasonable intensity. Higher excited
states in Cr" were not resolved in the scintillation
counter spectra.

The variation of da./de(90') with energy is shown in
Fig. 4. Since level spacing in the compound nucleus is
such that several levels should be excited at each energy,
the maxima in the curve are probably due to fluctuations
in the number or properties of the CN levels excited
rather than to individual resonances. The (p,e)
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Because of the two-channel assumption, these
computed curves should fit the data well at low energies
(E„(5 Mev) and then should gradually rise above
the measured cross section as inelastic scattering to
higher states becomes appreciable. When the (p, ii)
threshold is passed, the cross section is expected to, and
indeed does, drop way below the values given by this
expression. It was not possible to include the higher
excited states or neutron emission in the calculation
since the spins of these residual levels are unknown.
The continuum theory calculation for the total cross
section, although a good fit at low energies, does not
rise fast enough. To raise this cross section, one must
either increase the radius, which already has a reasonable
value, or decrease

~
Vs ~, which is already unreasonably

small. With a reasonable Vs (—40 Mev) the whole
curve is too low. The trouble probably either lies in the
continuum assumption or in the square well used which
is known to give too much reQection to fit elastic
scattering data. '
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threshold is indicated by a vertical arrow. The initial
rise of cross section with energy is a barrier eGect. The
sudden leveling oG of the cross section just above the
(p, is) threshold is attributed to competition in the
decay of the CX. Because angular distributions are
almost isotropic, this curve can be taken as a measure
of the total cross section. Error bars on the experimental
points are counting statistics and the accuracy of the
absolute cross-section measurement is probably better
than I.0%.

The solid and dotted curves in Fig. 4 have been
calculated on the basis of the statistical model and
under the assumption that only two channels were
open for the CN decay. These curves are values of the
total cross section as given by Hauser and Feshbach"
divided by 4ir (see Appendix). The solid curves are for
black-nucleus penetrabilities, the dotted curves are
based on optical model Tl,. It has been assumed that
TI.——0 for 1.)4 and TI. =0 for I.')3. With the Tl,
used, this probably includes 95% of the reaction at
5.5 Mev.

All the black-nucleus penetrabilities were computed
for nuclear radii= 1.45A& fermis and for Vo= —25 Mev.
It was not possible to use the tables for larger well
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FIG. 9. Angular distribution of inelastic protons leaving Cr"
in its 1st excited state for proton energies indicated by arrows
in Fig. 4.
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Using Preskitt's parameters as a guide, a set of TI, for
Cr was calculated (on IB3'l 650) with V= —50 Mev,
8"=—5 Mev, R=i.332& fermis, and a=0.4 fermi.
(These parameters give good Cits to Preskitt's data. )
The dotted line in Fig. 4 is the statistical model calcula-
tion with these optical model TI.. This is a good fit to
these do/d~(90') data for Cr.

Angular distributions taken at energies indicated in
Fig. 4 by vertical arrows are shown in Fig. 9. Error
bars are again counting statistics with background
subtraction at the forward angles. Elastic scattering
from C and 0 blended into the first excited state group
of Cr" at the back angles at 7.02 Mev. The amount of
C and 0 on the target was determined with the spec-
trometer magnet and a subtraction ( 10%) was made.
The slight rise of do./d&o in the backward direction at
5.82 and 6.15 Mev, where no subtraction was made,
may be due to C contamination.

The statistical model predicts angular distributions
which are symmetrical about 90' and almost isotropic.
Using optical-model Tl, corresponding to a proton
energy of 5.43 Mev, the predicted angular distribution
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FIG. 10. Cr" (p,p'y) angular correlations. Solid curves are of
the form 3+8 sin~2(8& —Hp). Dashed lines are statistical-model
predictions. Vertical arrows indicate recoil-nucleus direction.

Preskitt" has obtained good its to angular distribu-
tions of protons elastically scattered from Co" in this
energy range using an optical»model potential of the
folm

V+iW

1+ expL (r—R)/a j

is W(8) = 1.000+0.040P2 —0.018P4—0.002P6, where PI,
=Pi, (cos8). Black-nucleus Tl, give about the same
result, deviations from isotropy being less than 5% for
both models. The inelastic proton angular distributions
of Fig. 9 then, are well fit by the statistical model.

Angular correlations are shown in Fig. 10. The
statistical-model calculation at 5.43 Mev is shown as a
dashed line. Optical-model TI, were used and the
calculation includes only L & 2 a,nd 1.' & 2. This includes
about 85% of the reaction. These calculated correlations
show no particular axis of symmetry. The main feature
is the dip at 90' caused by the large 1.=2, L'=0
contribution. This minimum at 90' is also present in
the experimental points. Correlations at 7.02 Mev have
been fit with the DI form. This fit at 8„=45' is good
but the axis of symmetry is not close to the recoil axis
(80——13') and the ratio of A/8 is high. This probably
indicates a large CN contribution to the reaction. The
fit at 0„=90' is meaningless since the curve has
almost no structure.

V. RESULTS—OTHER ELEMENTS

Angular distributions of inelastically sca, ttered protons
from other elements are shown in Figs. 11 and 12. The
variation of do/da&(90') is shown in Figs. 4 and 11.
This information for C can be found in the work of
Brown and Lamarsh "

The Be angular distribution is the only one which is
well fitted by a spherical Bessel function. This 6t,
however, requires an unreasonably small nuclear
radius. A more reasonable radius (dashed line) does
not give a good fit. This angular distribution has the
same shape at higher energy. "

The C angular distribution does not have the same
shape as that of Gove and Stoddart at 7.26 Mev."
The Al angular distribution also cha, nges form with a
small change in energy. The variation of do/d&u(90')
and the cha.nge in shape of the angular distributions of
these lighter elements with energy probably indicates a
large level spacing in the CN. Thus the anisotropy of
these angular distributions could be due to the fact
that, only a, few CN levels contribute to the reaction.
The isotropic Si angular distribution is probably an
accident since do/da&(90') shows strong variations
with energy.

Several Ti angular distributions were taken at
energies (5.5 Mev. These were isotropic to about 10%
and are not shown here. An Fe angular distribution was
taken at 5.5 Mev and was also isotropic to about 10%.
This is not shown because it contained an uncertain
amount (-10%)of contamination from elastic scatter-
ing from C on the target. Because of this near isotropy,
the Ti and Fe data in Fig. 4 have been compared with
the statistical model total cross-section calculation.
Solid lines correspond to black-nucleus TI, mentioned

2' C. P. Brown and J.R. Lamarsh, Phys. Rev. 104, 1099 (1956)."R.G. Summers-Gill, Phys. Rev. 109, 159j. (1958).
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fermi. This is a better 6t than the black-nucleus
calculation because the two-channel assumption should
cause the calculated cross section to be too large as
the energy increases.

It was not possible to resolve inelastically scattered
protons from single states in V" and Co". Estimates of
do/Cho(90') were made at several energies, however,
and the cross section was found to be 1 mb/sterad
or less. No angular distribution measurements were
possible with the present technique for cross sections
this small. The smallness of these cross sections for
odd-even targets compared with neighboring even-even
targets is attributed to competition in the decay of
the CN. Level spacing in the odd-even targets is
smaller and the (p, ts) threshold is lower ( 1.5 Mev
for Co" and Vst). Thus there are more inelastic proton
and neutron channels open for the decay of the CN
formed by an odd-even nucleus and a proton.

VI. CONCLUSIONS

Much of these data can be interpreted by a CN
(compound nucleus) mechanism. The variation of
do/dao(90') and the shape of angular distributions with
energy for the lighter elements is what one would
expect if only a few CN levels were excited. The
smoothing out of do/d~(90') with increasing Z and
the trend toward isotropy of the angular distributions
could be the effect of decreasing level spacing in the CN.
The small (p,p') cross sections for odd-even targets and
the leveling off of do/des(90') just above the (p,n)
threshold is well explained as a competition effect in
the CN. The statistical model with TI, calculated on
the basis of the optical model gives a good 6t to the
Cr data for proton energies up to 5.5 Mev.
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Fzo. 11.Angular distributions of inelastically scattered protons
and do/der (90'} for some of the lighter elements studied. Proton
energies are lab energies. Solid lines drawn through the da /Au (90')
points have no theoretical signiicance. Angular distributions
have been converted to the center-of-mass system and the
Born-approximation direct-interaction theory prediction for Be
is shown as a dashed line.
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previously. The dashed line on the I'e graph was
computed using Preskitt's optical model phase shifts
for Co"."The optical-well parameters were: V= —63
Mev, tV= —5 Mev, R=1.202: fermis, and a=0.40

g LAB,

FIG. 12. Angular distributions of inelastically scattered protons
leaving Ti in its erst excited state. This data has been left in
the lab system. It also contains a contribution of about 10~/&
from the erst excited state of Ti4'.
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No angular distributions were found to be well
fitted by spherical Bessel functions. This is not surpris-
ing since (a) there is probably a large CN contribution
to the reaction at these energies, and (b) the Born
approximation is probably not valid at energies this
low. The Ti angular distribution shows a slight forward
peaking at 7 Mev. This might be the start of a DI
(direct interaction) since Ti data seemed to be isotropic
up to this point, indicating that enough CN levels
were excited so the statistical model was valid.

Angular correlations indicate that a large part of
the Mg'4(p, p') reaction may go by a DI at 7 Mev.
Mg'4 correlations at 5.4 Mev and Cr" correlations at
7 Mev might be interpreted as having a bit of DI in
them. Since no distorted wave DI calculations have
been done at these energies, and since the CN contribu-
tion to the Mg"(p, p') reaction is unknown, these
Mg angular correlations cannot be taken as proof of a
DI. However, the form of the Mg correlations at
7.01 Mev is identical to DI predictions at higher
energies, this form seems to be preserved when going
through a resonance, and the 2+8 sin'2(H~ —Hp) form
gets "purer" as the energy increases. In view of this,
plus the fact that Cr correlations are quite di6erent at
the same energies, it seems likely that a DI does form a
large part of this Mg" (p,p') res, ction.

The Coulomb barrier of the Mg nucleus is about 4
Mev high and that of the Cr nucleus is about 6 Mev
high. All the experiments described are consistent with
the assumption that the (p,p') reaction mechanism is
predominantly compound nucleus formation when
proton energies are below the barrier and direct
interactions become appreciable as soon as the energy
of both incident and scattered proton are well above
the barrier.
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VIII. APPENDIX

In this section, statistical-model expressions used to
fit the (p,p') data of this paper are given. These
expressions are probably only applicable to low-energy
inelastic scattering of protons or neutrons from even-
even nuclei. Some of these have been published4"
but contain errors. Since several experiments of this
type are being done, and since a reasonable amount of
work is necessary to obtain these expressions from the
general formulas, it is felt that presenting them in this
way is worthwhile.

These expressions are limited to low energies since
only a few L and L' values are considered and since it is
assumed that only two channels are open for the decay

of the compound nucleus. L and L' refer to incident
and scattered particle orbital angular momentum.
The incoming and scattered particles both have spins
of 2, the target nucleus is 0+ and the excited state is
2+. The transmission coeKcients or penetrabilities, T~,
must be calculated on the basis of some mod. el. (The
optical model was quite successful in fitting some of the
data of this experiment. )

General expressions for the total and differential
cross sections are given by Hauser and Feshbach. "
For this special case, assuming that TL,=O for L)4
and T~ ——0 for L'& 3,~these reduce to
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e/4m.
mb/sterad contribution

TAnLK I. Contributions of diRerent I values to the Crp (p,p')
cross section at 5.43 Mev.

If 82 and 0& are, respectively, the angles made by the
inelastically scattered particle and the p ray with the
beam, and p is the angle between the inelastically
scattered particle and the p ray, the angular correlation
is24

Total

0.88
2.35
0.06
6.21
2.37
0.81
0.03
0.63

13.34

6.5
17.7
0.5

46.5
17.8
6.1
0.2
47

100.0

TOT2
W(8p, 9p) = [2+0.721Pp(cosy)+2. 229P4(cosy)]

Tp+ 2T2

T1T1
+ [1+0.500Ps(cosy) $+

T1+Tl Tr+2Ty

It is interesting to note the relative contribution of
different L, and I.' values to these cross sections. Table I
and Fig. 13 both refer to the reaction Cro'(P, P')Cr"P,
Q= —1.44 Mev, Ep=5.43 Mev. The Tq are based on
the optical model with parameters as given in Sec. IV.
In Fig. 13 the contributions from different orbital
angular momenta are shown to add to a nearly isotropic
angular distribution. In Table I the relative contribu-
tions to the total cross section have been normalized to
a,dd l:o 100%. It seems likely, from the decrease in
contribution with increasing I. and I-', that cutting off
the calcula, tion at L=4 and L'=3 includes 95% of the
reaction or more.

General expressions for angular distribution of y
rays and angular correlations between inelastically
scattered particles and p rays have been derived by
Devons and Goldfarb12 and by Satchler. 4" For this
special case, the angular distribution of p rays, assuming
I &4 and I.'&2, becomes where
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—2.000Pp (cosy) —0.&35 0222+ 0.383O2p4]
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F10. 13. Angular distribution of inelastically scattered protons
leaving Cr" in its 6rst excited state as predicted by the statistical
model. The calculation corresponds to a proton energy of 5.43 Mev
and optical model penetrabilities were used. L and 1.' refer to the
orbital angular momenta of incident and scattered protons,
respectively.

24 The author wishes to thank Dr. G. R. Satchler for correcting
several errors in the author's original calculation.



Vt (e,p) are the usual spherical harmonics and (am,
brrs'~cM) is a Clebsch-Gordan coeAicient. Tables by
Rose are useful in computing these 0 functions. '"

Note that some terms in the above correlation are
25 M. E. Rose, Oak Ridge National I.aboratory Report ORNL-

25 $6 1958 (unpublished) .

symmetrical about the beam direction and others are
symmetrical about the direction of the inelastically
scattered particle. Only L & 2 and I.' &2 are considered.
Table I shows that this probably includes 85% of
the reaction. Higher I. values were not considered
because of the complexity of the calculation.
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Elastic Scattering of 40-Mev Protons from Isotopes of Fe, Ni, and Cuf

MORTON K. BRUSSEL AND JOHN H. WILLIAMS)
Vei7tersity of 3Iineesota, 3Iienea polis, cV~neesota

(Receivecl November 26, 1958)

39.8-iMev protons were scattered from thin targets of Fes', Peo6, Ni'", Xi"" and Cu"' Absolute differential
cross sections obtained with a statistical accuracy of ~3 Po have been determined for the elastically scat-
tered protons. The range of the angular distributions, 7.5' to 110', encompassed three minima and three
maxima in the measured cross sections. The energy resolution of the detection equipment, utilizing a NaI(Tl)
crystal, was 1.2-2%%uo. This enabled a separation to be made of elastic from nonebstic events. A detector
telescope allowed angular resolutions of ~-'„-' to be used in determining the shape of the features in the
angular distributions. The general variation of the cross sections with the nuclear mass is noted. In. addition,
the data suggest that the nucleon shell closing about nucleon number 28 introduces Cine structure differences
in the shape and niagnitude of features of the scattering pattern.

I. INTRODUCTION

EASUkEA'lEXTS of angular distributions of pro-
tons elastically scattered from various elements

provide one of the most amenable methods of deter-
mining nuclear force properties, since they give infor-
mation about the shape and strength of the effective
scattering potential active between proton and nucleus.

Burkig and. Wright, ' at 18.6 3Iev, were the first to
investigate nuclear e6ects of proton scattering inheavier
elements. Although they missed the details present in
the angular d.istributions, they did note that as the
atomic number of their targets increased, the ratio of
total elastic scattering diGerential cross sections to
Rutherford. scattering cross sections decreased.

Baker, Dodds, and Simmons' noticed at 10 3~Jev that
specific features in the angular d.istribution of the elas-
tically scattered protons tended to move towards smaller
angles as the atomic number of the target nuclei in-
creased. However, the first comprehensive study of
proton elastic scattering differential cross sections was
performed by Cohen and Neidigh' with 22-AIev protons.
Plotting ratios of scattering di6erential cross sections to
Rutherford scattering differential cross sections, they
found systematic behavior of the features in the angular
distributions as a function of atomic number, suggest-
in~r~ optical-like characteristics of nuclear matter.

]' This work was supported in part by the U. S. Atomic Energy
Commission.

* Now at Brookhaven National Laboratory, Upton, New York.
$ Now Director of Division of Research, U. S. Atomic Energy

Commission, Washington, D. C.
' I. W. Buririg and B. T. Wright, Phys. Rev. 82, 451 (1951).
~ Baker, Dodds, and Simmons, Phys. Rev. 85, 1051 (1952).' B. I . Cohen and R. V. Neidigh, Phys. Rev. 93, 202 (1954).

The interest in clast, ic proton scattering generated by
Cohen and Neidigh resulted in the accumulation of data
from many other sources. The first accurate data, where
elastically scattered protons were separated and dis-
tinguished from nonelastically scattered protons origi-
nating in the lowest excited states of the target elements,
were compiled by Dayton' at l8 Mev. Here, due to
greater energy resolution in the data, the scattering
features were Inore pronounced. Only the elastic protons
were counted; minima in the former data of Cohen and
Xeidigh were shallower due to nonelastic scattering
contributions.

Subsequently much work has been done with protons
in the energy interval 10—40 Mev. References to this
work completed before 4957 can be found in the report
of Hintz' for proton elastic scattering at 10 iMev. Higher
energy elastic scatteriog data has been of more limited
accuracy due to the inherently poorer energy resolution
available with existing detection systems.

Measurements of proton elastic scattering have been
mainly stimulated by the successes of the optical model,
wherein a nucleus is represented as a partially absorp-
tive ellipsoid. The most recent and comprehensive appli-
cations of this model to proton scattering have been
made by i44elkanoff, ' Glassgold, v and their co-workers.

' I. E. Dayton, Phys. Rev. 95, 754 (1954).' N. M. Hintz, Phys. Rev. 406, 1201 (1957).
6 Melkanol7, Nodvik, Saxon, and Woods, Phys. Rev. 106, 793

(1957).
Glassgold, Cheston, Stein, Schuldt, and Erickson, Phys. Rev.

106, 1207, (1957); A. E. Glassgold and P. J. Kellogg, Phys. Rev.
107, 1572 (1957);Annual Progress Report, 1957—1958, University
of Minnesota Linear Accelerator Laboratory, Minneapolis,
Minnesota (unpublished) .


