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Range of 6- to 18-Mev Protons in Be, Al, Cu, Ag, and Au*
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An experimental study has been made of the range and straggling of protons of 6 to 18 Mev in Be, Ai,
Cu, Ag, and Au. The following values of I have been obtained: Be: 63.4 ev, Al: 166.4 ev, Cu: 375.6 ev,
Ag: 585 ev, and Au: 1037 ev. New range-energy curves are computed using these data and the low-energy
data summarized by Allison and Warshaw. The mean straggling is evaluated to approximately 5'Pz. In
magnitude it is in agreement with theory but there is a lack of symmetry above and below the 50'P& point
which remains unexplained.

I. INTRODUCTION
' +RESENT theory a,llows calculations of the range-

energy relation which are accurate to about 0.5%
for light elements while for heavier elements the un-
certainty of the shell corrections may cause errors of
more than 1%. Few accurate measurements have been
made in the energy range from 6 to 18 3Iev, and the
most accurate measurement in this region' disagrees
with measurements made at very high energies. '

The present paper reports the results of measure-
ments of the range and straggling of protons of 6 to 18
3lev in Be, Al, Cu, Ag, and Au. The proton source was
a magnetic energy analyzer used in the external beam
of the Princeton 18-Mev synchrocyclotron.

A comparison is made with calculated values of
stopping power, excitation potential, range, and strag-
gling. For the preliminary comparison with theory it
was possible to use the tables of Smith, ' and Aron,
Hofiman, and Williams, 4 but for the final evaluation
of the results it was necessary to compute new tables of
stopping power, range, multiple scattering, and strag-
gling. The comparison with theory is complicated by
the fact that the theory gives the mean proton path
length in the material, while the present experiment
gives projected ranges. The calculation of the diA'erence

between these two ranges is of limited accuracy.

II. RANGE MEASUREMENT

In most experimental determinations of the range-
energy relation, monoenergetic particle beams have
been used. In such measurements the thickness of the
absorber is increased gradually until no particles pass
through. The mean range is defined as the thickness of
absorber at which half of the particles are transmitted.
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In low-energy determinations it is dificult to change
t.he absorber thickness accurately. The straggling region
in aluminum is approximately 1%. For protons of
18 3Iev the absorber thickness is about 1.8 mm, and
if ten steps are desired it is necessary to increase the
absorber in steps of about four microns.

In t.he present experiment a diferent approach was
chosen. Only one thickness Ro of absorber was used, and
the energy E of the proton beam was varied. The energy
Eo corresponding to a mean range equal to the absorber
thickness was thus obtained as the energy at which
half of the protons were transmitted.

A. Counting System

Figure 1 shows the equipment used for the rneasure-
ment of ranges. The analyzed proton beam entered the
counting system through an entrance window of 1.5
mg/cm-' of Al. The counting system consisted of three
proportional counters in tandem with the absorber foil
mounted between the second and third counters. By
measuring the ratio of the coincidences of Counters 1, 2,
and 3 and the coincidences of Counters 1 and 2, the
ratio of the protons passing through the foil to those
incident on it could be obtained (Fig. 4). Since a ratio
was measured, the determination was not dependent
on the incident flux of protons. Coincidences were
measured to avoid background e6ects. To reduce the
background further, the discriminator biases were set
at a pulse height equal to about one-third the meaii
pulse height produced by a proton of the proper energy
travelling through Counters 1 and 2. The energy loss in
each counter was of the order of 10 kev. The gas filling
in the first two counters corresponded to a thickness of
about 1 mg/cm' of Al. The background counting rates
were of the order of 0.2%.

B. Absorber Foils

The machining of the counters and foil holders
assured that the foils were at right angles to the axis of
the counter to better than 0.2'. The foil holder divas

movable thus allowing a determination of the homo-
geneity of the foil. With the proton energy fixed, the
transmission of the foil was measured at 10—20 points.
Corresponding corrections were applied to the foil
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C. Lineup of Proportional Counter System

thickness. For all except the thin Be absorber these
corrections were smaller than 0.05% and were known
to about 10%. For the thin Be foil the correction was
0.38% of the foil thickness.

The foils were approximately 1 cm square and were
cemented to the holder. The diagonals of these quad-
rangles were measured to check the rectangularity of
the foils. Corrections for burrs and unevenness of edges
were measured with a microscope. The actual determi-
nation of the surface densities required two measure-
ments: (1) Weighing of the foils. This was done on an
analytic balance with a sensitivity of 1/20 mg. The
balance was calibrated with a set of weights checked by
the National Bureau of Standards. The weights of the
absorber foils reproduced to 0.1 mg in measurements six
months apart. Corrections for the buoyancy of air were
applied. (2) Area measurement of the foils. A microscope
and stage micrometer (checked by the National Bureau
of Standards) were used. The width and height of the
foil were measured in ten positions on both sides and
the area computed from the average values. The area
measurements were repeated at least two times per foil
and the difference was never greater than 0.03%. The
foils were of high purity ()99.8%). Since dE(dx is
approximately proportional to Z 1n(constant/Z), small

impurities will cause only very small errors in the
ranges.

Position Adjustment
Of Foil

~Pivot Point

Foil

. ~qX,
Proton Beam

Counter Wire

2Q4.7cm cm

Fro. 1. Triple proportional counter.

It was important that the entrance to the counter
system be as small as possible to avoid accepting protons
scattered from the last collimator slit. At the same time
it was necessary that the unscattered beam enter the
counter system without hit. ting the edge of the opening.
Protons scattered from the edge would introduce a lower

energy component. The proportional counter was lined

up optically with the collimation slits. This lineup was
then checked by running the beam into a photographic
plate. The final collimation slit was 0.9 mrn in diameter
and the entrance aperture to the counter was 2 mm.
It was possible t.o make the lineup accurate to 0.1 mm.
Another opening was present in the back wall of the
counter and it was thus possible to check that the axis
of the counter was located on the line of the proton
beam. Since the angle of the foil with respect to the
counter was fixed, its angle with respect to the beam
was known. It was perpendicular to the beam to within
0.005 radian. The error contribution from this was of
the order of 0.001%.

D. EÃects of the Counter Gas Filling on the Ranges

The energy loss of the protons in Counters 1 and 2

was determined experimentally. The energy loss in the
third counter had to be estimated. The range in metal
was then corrected to take into account this additional
energy loss.

The experimental determination of the energy loss in

Counters 1 and 2 was done by varying the gas-filling
pressure, keeping the foil constant and measuring the
energy necessary to give the mean range. Pressures of
50, 30, 15 and 10cm Hg of a mixture of argon and 2%
CO& were used. By extrapolating to zero pressure the
energy loss in the gas could be determined. These
values agreed with calculated values.

The energy loss in the third counter was small. By
removing the absorbing foil and running the proton
beam through all three counters the sensitivity of all
three could be made equal by adjusting the counter
voltages. The bias of Counter 3 was then set so that
pulses corresponding to an energy loss less than 5 kev
would not be detected. The range was increased by
0.05 mg(cm' in order to make an approximat. e correc-
tion for this loss.

III. ENERGY MEASUREMENT

Two different methods were used for the determina-
tion of the proton energy. In both cases the deflection
of the proton beam by a stabilized electromagnet was
determined, but a different geometrical measurement
of the proton path was used in the two cases.

The magnet had a pole-tip 20 in. long and 8 in. wide,
and at 10 000 gauss its field was uniform enough to be
measured by nuclear induction within an area 1 in.
from the edges. The fringing field on each side of the
magnet was equivalent to about 1 in. in the gap region.
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FIG. 2. Equipment for energy measurement (four-slit system). Proton path, S, ———;
X axes perpendicular to short side of magnet poles.

About one-sixth of the total field could not be measured

by nuclear induction because of nonuniformity.

A. Four-Slit Method

The measurement of J Bds was made by a method
similar to that used by Wilson and Creutz. ' This
avoided a point-by-point integration of the fringing
field. The method is based on the relation

In one method of energy determination (referred to
as "the four-slit system") the angular deflection 0 of
the beam as it passed through the magnet was measured
and used to determine the proton momentum:

nsv= (e/Hc) ~ Bds,

where mv is the momentum of the proton, e its charge,
c the velocity of light, and 8 the magnetic field along
the path s (see Fig. 2). It was necessary to measure the
fringing field accurately. Assuming that a negligible
error was made in measuring the internal field, a pre-
cision of 0.6% would be required in the fringing-field
measurement to obtain an accuracy of 0.1% in the
momentum determination and 0.2% in energy. Since
other errors were present, an attempt was made to
measure the fringing field to about 0.1%.

MAGNET POLES

"CN

A 8 8 —FRINGING FIELD COILS

C —R EFERENCE COIL

F?G. 3. Coils for fringing field measurements. Proton path, S, ———.

eBdx = mvc (singi+ sin02),

where x can be taken in an arbitrary direction, 0& and 0.
are the angles between x and the proton path s before
the proton path enters and after it leaves the magnetic
field. The measurement of J'Bdx becomes relatively
simple if the magnet has parallel-edged pole-tips and a
region of uniform field which can be used as a reference
field. A coil can be inserted which will measure j'Bdxdy
over a region near the path of the beam. Ef coordinate
directions are chosen with the y axis parallel to the pole-
tips, 8 will have only a small variation in the y direc-
tion. The integral then becomes DJ'Bdx, where D is
the width of the coil. This method was used for meas-
uring the fringing field while the interior field was
measured by nuclear induction.

The coil for measuring the fringing field consisted of
three parts located in the magnet as shown in Fig. 3.
Coils A and 8 measured the fringing field and were
placed so as to follow the approximate path of the beam
in the fringing-field region; C was a reference coil. The
magnet was cycled from negative to positive field and
the voltages from coils 3 and 8 were compared with
that from C by using a resistor divider and obtaining
a null reading on a high-impedance fluxmeter. The
fringing field J"Bdx could then be compared with the
known Aux in the central region. The location of the

' E. Creutz and R. R. Wilson, Rev. Sci. Instr. 17, 385 (1946).
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coils was not critical. Since they were mounted on a
single form, an error in placing coil A was compensated
by an opposite error in coil B.

Figure 2 shows the arrangement for measuring the
hearn energy. The beam from the cyclotron passed
through two collimating slits which were about 1 mm
wide and a meter apart. The beam was incident on the
magnet at an angle 0&, was deflected by the magnet
through an angle 0~+02, and passed through two other
symmetrically located slits. The sum of 8&+9& was
measured by means of pentaprisms and a transit. If
8& 82 the energy was almost independent of the exact
angle of incidence 0& and was dependent only on the
sum. In practice it would be difficult to measure the
angle of incidence with any precision.

A foil was inserted at the first slit to reduce the beam
energy to approximately the desired value. Since the
cyclotron beam had an energy width of more than 1%
and the resolution of the system was about 0.2%, small
variations in energy could be made by changing only
the field of the analyzer magnet. In addition, the
cyclotron energy could be varied about 3%.

The possible sources of error were of two types, those
associated with the measurement of j'Bdx and those
associated with the angle measurement. They are listed
in Table I. It was felt that the major sources of error
were random. The rms value of momentum error was
0.06% and the energy error 0.12%.

B. Three-Slit Method

Since systematic errors may have occurred in the
fringing-field measurement, a second energy measure-
rnent was made in which the radius of curvature R of
the beam in the homogeneous region of magnetic field
was determined with three slits. Corrections were made
to take into account the lack of complete field homo-

geneity. The accuracy of this determination was limited

by the small sagitta of the curved path in the magnetic
field. Moreover, the correspondingly small slit widths
needed ( 0.001 in. ) introduce the possibility of slit-
edge penetration effects. Such e6ects should reduce the
mean energy of the beam.

The energy W is obtained from the relativistic
equation

W (M 'c4+8 'R'e'q '

Moc' & Mssc4 )
where Mo is the proton rest mass. For Bo a suitable
average of the field must be taken.

The three slits were rigidly connected to the stainless
steel rods which passed through 0-ring seals to the out-
side and could be moved in and out of the beam com-
pletely. Their positions were checked with dial indi-
cators. Corrections of about 0.001 in. occurred due to
vacuum forces.

The three-slit system was always used in conjunction
with the four-slit system (see Fig. 4). First the four-slit

Energy Absorber Foil

1st Slit
0.8mm wide x 25mm

Ni2g Nip
[Scaleaf64i )Scaleof 64)

Ny
[Scaleof64 I

Proton Beam

h~~ 2nd slit
0.8 mm wide20cm~

IGoincitlenae ckt. l

l

gatina cktl gatina ctai gating cktl

I

[AmplifierI IiAmplifierl amplifier) /~ —3 rd slit
0.9mm Dia. hole

Deflector magnet
Approx. l0000

Gauss

4th slit~09 mm Dio. hole

~ Triple Counter

Stopping Foil

Fio. 4. Equipment for proton range energy measurement.

TABLE I. Estimates of error in "four-slit" energy determination

(a) Interior homogeneous field measurement errors (estimated)

Reading of the curves of transmitted protons vs mag-
netic field 0.005~y~

Determination of the field shape effects 0.003"jo
Accuracy of the frequency meter and proton moment

device 0.005&go

Fringing field determination (this is only a fraction of
the total field and contributes an error of 0.053ogq to
the total) o-3/o

(b) Errors associated with the angle measurement

Transit scale reading
Pentaprism accuracy (1.0X10 4)

Vacuum force distortions (1.2X10 ')
Error due to lack of equality of incident and exit angle

from magnet

0.016oi~o
0 010o
0.0012%

0.003o/o

system was lined up, then one after anot. her the three
slits were moved into the beam until maximum trans-
mission occurred. The slit widths were approximately
0.001 in. and when all three were in position the cutoff
of the beam could be caused by moving one of them
about 0.002 in. Hence the positions of the slits were
defined to better than 0.001 in.

The coordinates of the centers of the three slits were
measured by using a milling-machine table and a rnicro-
scope as a two-dimensional comparator and from this
the radius of curvature was comput. ed. The screw
calibrations were checked with a standard meter to
0.005 mm. Several straight edges were used to check
the straightness of table movement and it was found to
be better than 0.005 mm over a distance of 6 crn. The
rectangularity of movement was checked with a transit
and found to be accurate to one minute of angle.

The magnetic field was measured by nuclear induc-
tion and an average obtained through a suit, able
integration along the proton path. The shape of the
field along the proton path is shown in Fig. 5. The
frequency meter was checked against. the WWV trans-
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Frc. 5. Shape of magnetic field inside the magnet poles.

rnitter of the National Bureau of Standards. The accu-
racy of field measurement was determined by the
accuracy of the known value of the gyromagnetic ratio
of the proton and hence accurate to about 0.003%.
Estimates of the errors occurring in the measurements
are given in Table II. The total root-mean-square error
amounts to 0.03% in momenl. um or 0.06% in energy.

measurements were made with this foil by each method.
As the errors in the earlier measurements were some-
what larger, only the last three measurements are
considered here. The stat. istical weights differ sl ight. ly
since different sources of error were sometimes present.
The sources of energy-calibrat. ion errors are summarized
in Table IV.

Combining the average energy values of the four-
and three-slit systems 4W and &1.V, the energy determi-
nation becomes

TV=17.836 Alev~ (0.05%= 10 kev).

Since 4W and 3$V differ by an amount greater than
would be expected from the error assigned, a larger
error is given for the energy determination.

Therefore, the proton energy needed to penetrate a
1.8-mm Al foil is quoted as W= 17.836~0.025 3 lev.
All t.he other energies were obtained from the ratio of
the magnetic fields with an accuracy of about ~0.02%.
The error in relative energy should be much smaller

A. Transmission Curves

Typical curves of number of transmit t ed pro tons vs

energy for a constant foil thickness are presented in

Fig. 6. The curves do not go to 100%. 'l'his can be
explained by multiple scatt, ering and nuclear reactions
in the absorber. (At 18 5lev, about 1% of I.he protons
undergo nuclear absorption or scattering. ) The curves
can be well approximated with the integral of a Gaussian
between zero and 50%. A wider Gaussian would be re-

quired above 50% probably due to mulI. iple scattering.

B. Energy

An Al foil of 1.8-mm thickness was used for the
absolute energy calibration. Six independent energy

X IR PERCENTAGE OF TRANSMITTED PROTONS
IOO

I
'

I

l7.0
I . I, I, I . I ~ I

I7.2 I I74 I7.6 I78 18.0 18.2 I8.4 MEV

Wag KINETIC ENERGY OF PROTONS W———

FIQ. 6. Transmission curves for Be (left) and Au (right).

IV. EXPERIMENTAL RESULTS

An extensive discussion of the results will be given
for only one element at one energy. For the other
elements and energies the same considerations are valid.
The results are presented in Table III.

TABLE II. Estimates of error in "three-slit" energy determination.

(a) Krrors in the determination of the radius

Determination of the geometrical positions of the slit
centers

Mechanical accuracy of milling-machine table
Temperature (not constant)
Distortion due to vacuum forces on the three-slit system

(b) l'.rrors in the determination of the magnetic field

Reproducibility of reading the curves of the number of
transmitted protons vs magnetic field

Determination of the field shape eRects
Accuracy of frequency meter and proton moment device

0.02 oi'o

0.01 ~~p

0.01~go

0.01~jg

0.005 ',~I-,

0.003 '~y I)
0.005~to

since exact. ly the same geometry and methods v ere
used. Any systematic errors should be the same.

C. Foil Thickness

The total foil thickness was obtained from the
fo11owing contributions:

(1) Entrance foil of proportional counter. The homo-
geneity of t.his foil material v as checked by measuring
several foils from the same roll of aluminum. All were
within 0.02 m g,''cm' of the same thickness. The value
quoted is 1.50&0.05 mg/cm'. The error was clue

primarily to the inaccuracy of the weight determination.
(2) Gas filling of the first and second counters. '1'he

energy loss in these counters was measured and com-
puted and is of the order of 25 kev. This value was then
transformed into the corresponding thickness of the
metaj foil being measured. The pressure of t.he argon
filling, the dimensions of the chamber, and the dE,, dx
of argon were known to about 2% and the dE/dx of the
metals to better than 1%. The total rms error was
estimated at ~3.5%. The corresponding metal thick-
nesses were of the order of 1 mg(cm'. For the 1.8-mm Al
foil it was 1.12~0.04 mg/'cm'.
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(3) Absorber foil. The result for the 1.8-mm Al foil
was 464.20&0.09 mg/cm'. The description of the de-

termination is given above.
(4) Gas filling in the last counter: 0.05&0.05 mg/cm'.
(5) Misalignment of absorber foil: 0.05&0.05 mg/cm"-.

The total foil thickness was 466.92&0.30 mg/cm';
the rms sum of the individual errors is 0.13 mg/cm'.
Since it is questionable if it is safe to use the rms error,
a value about equal to the sum of the errors is given.

V. COMPARISON OF EXPERIMENT AND THEORY

A. Correction for Scattering

In order to compare the experimentally determined
range with a calculated range, a correction must. be
made for mult. iple scatt. ering in t.he absorber foil. In the
usual approximate determination of the correction' the
observed range is expressed as a projection of the mean

range:
R,b, =P; 1, cos8,~+, 1;(1—28;2)

=Rtnean 2+i ti8i r

where i„ is the distance between the ith and the (i+1)th
small-angle collision, and 8; is the direction with respect
to the beam axis after the ith collision. Hence, in the
integral relation

TABLE III. Measured values of range and energy and
multiple-scattering correction.

&.lement

$g

/
l'. rror

f

E„(Mev)
1 7.340
9.5 78

17.836
14.971
11.820
6.150

1 7.893
9.938

1 7.923
10.022

17.549
9.698

0.14%

E&xp. range
(mg/cm')

399.59
137.74

466.92
342.63
226.33

73.01 +0.20

588.67
215.80

691.98
261.66

849.59
323.86

(0.1%
except as

stated

Fxp. range

pathlength
(multiple-
scattering

correction)

0.9990
0.9988

0.9962
0.9960
0.9956
0.9943

0.9900
0.9872

0.9818
0.9759

0.9626
0.9475

Corrected
exp. range

(pathlength)
mg/cm~

399.99
137.90

468.70
344.01
227.33

73.43

594,62
218.60

704.81
268, 12

882.60
341.80

a See Sec. V(A).

Hy using t.hese corrections a new set of corrected
experimental ranges can be obtained which can be
compared wit. h theoretical values. These are listed in
Table III.

B. Determination of Values of I
~mean ~obs

0

(8'(x)).,dx, The expression generally used for the theoretical
derivation of the range-energy relation is

where (8'(x))„ is the mean square deviation in angle
from the normal direction and x is the projected distance
in the material.

The mean square scattering angle can be calculated
from an expression given by Rossi and Greisen":

Rp

(8'(x)) = Jt SxiVe4Z'G(pv) 'dx.

with this, the following result is obtained:

Rmean Kbs

~mean

Gmoc'Z 4~ 0 8/Z "z P'(8/Z)

dE/dx= 47re—4iVB/mr'

dE/dx is the—rate of energy loss per g/cm' of a proton
of velocity zj in an absorber material containing iV
atoms/g; m is the mass of the electron, e its charge,
and 8 is the stopping number, usually expressed as
follows:

2mzj-
B=Z in[ f

—P' —P C, .
t I(1—P') i

Here Z is the atomic number of the absorber, I is the
mean excitation potential of an electron of the absorber
atom, and C; are shell corrections which account for
reduced stopping by the electrons of the ith shell.

TABLE IV. Result of energy determination for 1.8-mm Al foil.

(Moc"-) "- ~ED P2
dE~~

8/Z System Value (Mev) Weight

Weighted
average
(Mev)

Frror
(ro)

where G= 2 ln181Z &, 8 is the stopping number of the
a, tom, and mo is the electron rest mass. The ratio AR/R is

a slowly varying function of the energy and amounts to
several percent for high Z. Actual values were obtained
numerically by evaluating the integrals down to 1 Mev
and then extrapolating to zero energy. XVe estimate the
accuracy of these results to be a,bout 5—10%.

6 B. Rossi and K. Greisen, Revs. AIodern Phys. 13, 240 (1941).

Four-slit
W1 = 17.8793
W =17.874
W3 ——17.8796

4W = 17.878 0.12

Three-slit
W1 ——17.831g
W.= 17.816g
W3 = 17.825p

1
0.75
0.75

3H =17.825 0.06

'M. S. Livingston and H. A. Bethe, Revs. Modern Phys. 9,
264 (1937).
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TABLE V. I-value determination and initial ranges.

Element

Be 4
Al 13
Cu 29
Ag 47
Au

(ev)a

63.4~0.5
166.45~1
375.6~20

585&40
1037~100

R (2 Mev)
mg/ cm~

9.1
11.51
19.0
26.3
39.7

Accuracy
of fit

0.05%
0.04o/o
0.02%
0.02~7o
0.02 ohio

Ijr. (ev)

15.8
12.8
12.9
12.5
13.1

a Changes of R (2 Mev) of about &0~!q cause changes of about 2,5% in I.

Rs ——Ro+ I ( dE/dx) 'dE-,
Wp

where Eo is an experimental range. If the shell correc-
tions are accurate, all experimental determinations
should lead to the same values of I regardless of energy.

A value of I cannot be determined from a knowledge

of the range at a single energy since the theory is not
valid below about 1 Mev. Generally values are deter-
rnined from a comparison of data with a theoretically
determined range-energy relation. This in turn uses

both an assumed value of I and an experimentally
determined lower point.

Values of I were obtained from the experimental

ranges in the following way: For each element a number

of range-energy curves were computed with I as a
parameter. For all elements, range points at 2 3Iev
were selected which gave theoretical curves close to the
experimental points. These R (2 Mev) are in agreement
within the experimental errors with ranges computed
from values of dE/dx in Allison and Warshaw's review. '
For Be and Al the CA, corrections of Walske's calcula-
tions" and for Al an approximation" Ci ——k/E (Afev)
were used. For the heavier elements Aron's approxi-
mations for the shell corrections'' -were used. For Al it
was found that I= 166.4 ev, k=0.685, and R (2 31ev)
=11.51 mg cm ' give a better fit to the experimental

data than I=165.0 ev, k=1.37 or I=167.0 ev, k=0.

F. Bloch, Ann. Physik 16, 285 (1933).
S. K. Allison and S. D. Warshaw, Revs. Modern Phys. 25,

779 (1953).
' M. C. Walske, Phys. Rev. 88, 1283 (1952).
"M. C. Walske (private communication) and Phys. Rev. 101,

940 (1956).
'~ W. A. Aron, University of California Radiation Laboratory

Report UCRL-1325 (unpublished).

I is defined by

Z lnI=Q f„,k in'„, k,
n, k

where f„ i are the oscillator strengths of the optical
spectra and, 4„~ the corresponding excitation energies.
It has not been possible to evaluate this formula exactly
for any element used in this experiment. Bloch' has
shown on the basis of the Fermi-Thomas model that
I= kZ, where k is a constant.

The range is obtained through integration of the
expression for —dE/dx:

The first curve lies within &0.05%%uo of the experimenta, l

path lengths.
Table V lists values of I and R (2 AIev) which give

good fits to the experimental points.
A first approximation for the experimental values of I

was obtained by using Aron's expression" for the
difference between two ranges computed with two
values of I:

where ro ——e'/mc', 2 =atomic weight of the material,
NO=Avogadro's number, and Bi=stopping number,
evaluated with Ii. The values obtained with this method
differ by less than 1% from the values adopted above.
It should be pointed out that this method gives the best
fit for a range curve through the two experimental
points, but this curve would not generally go through
the origin. (See Table VI.)

C. Bloch Constant

The value of I/Z should be constant if the approxi-
mations of the Bloch theory' apply. It is not to be
expected that the theory should apply to Be. The high
value obtained is explained as being in part due to
polarization effects. i3 Values of I/Z are listed in Table V.
It can be seen that the deviation from an average value
of 12.9 ev is small and hence that the results are in good
agreement with the Bloch theory.

TABLE VI. Theoretical range-energy data.

E„(Mev) Be
Path length, theoretical data (mg, !cm')

Al Cu g

1
2
3
4
5
6
7

9
10
11
12
13
14
15
16
17
18
19
20
21

3.0
9.1

18.0
29.6
43.6
60.1
78.9

100.0
123.3
148.8
176.5
206.3
238.2
272.1
308.1
346.1
386.1
428.1
472.0
517.6
565.9

3.93
11.51
22.04
35.46
51.62
70.38
91.65

115.36
141.44
169.85
200.54
233.46
268.59
305.88
345.32
386.86
430.49
476.17
523.90
573.64
625.37

~ ~ ~

19.0
33.0
50.6
71.5
95.5

122.5
152.5
185.3
220.9
259.2
300.3
344.0
390.1
439.2
490.6
544.4
600.8
659.5
720.8
784.4

~ ~ ~

26.3
43.8
65.2
90.2

118.9
151.0
186.5
225.2
267.1
312.1
360.2
411.3
465.3
522.3
582.0
644.6
709.9
778.0
848.8
922.3

39.7
64.3
93.6

127.3
165.5
207.8
254.2
304.5
358.6
416.4
477.8
542.9
611.5
683,5
759.0
837.8
920.0

1005.5
1094.2
1186.2

"A. Bohr, Kgl. Danske Videnskab. Selskab, Mat. -fys. Medd.
24, No. 19 (1948).
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RANGE OF 6 — TO 18-MEV P ROTONS

D. Comparison with Values Obtained by Other
Experimenters

TABLE VIII. Straggling measurements. b,R/R is the straggling
parameter. nR/R = D (R—Rp)'law]~/Rp

It is dificult to compare our values of I with those
obtained by other experimenters since the corrections
and methods of obtaining values of I are not entirejy
the same. Table VII gives a summary of measurements
in the region above 2 3,Iev. In the case of the Hubbard
and McKenzie measurement, we have changed their
quoted value of I to correspond to the slightly larger
scattering correction we have used.

VI. STRAGGLING

Element

Be

A1

Cu

Energy
Mev

10
18

6
12
15
18

10
18

1.44
1.34

1.41
1.34

1.63
1.49
1.42
1.42

1.67
1.49
1.44
1.42

1.71
1.55

1.72
1.60

d,R//R (expt) DR/R (theor) Percent
difference

+2.1
0

—2.4
0—1.4
0

—0.6—3.1

Straggling due to the statistics of energy loss is com-
pared with the Bethe theory'.

10
18

10
18

1.82
1.73

2.22
2.06

1.94
1.78

2.32
2.04

—6.2—2.8

—4.3
+1.0

r Ep (dEq —'
((R—Rp)'),„= )~

( [
47re'.VZ'

~0 ( dg&

TABLE VII. Comparison with other measurements.

Observer
Proton energy
covered (Mev)

I values (ev)
Al Be Cu Ag Au Pb

XVilsona
Hubbard et aJ.b
Simmonse
Bloembergen et al.~

Mather et al.&

Caldwell&
Present meas.

1.5—4
18
12

35-50
50-75
70-120

340

6—18

150
171
155
164
161 375

365
150 310

377.5 659 1136
166 63.6 375 585 1037

970
810

' R. R. wilson, Phys, Rev. 60, 749 (1941).
b See reference 1.
& D. H. Simmons, Proc. Phys. Soc. (London) A65, 454 (1952).
d N. Bloembergen and P. J. Van Heerden, Phys. Rev. 83, 561 (1951).
e See reference 2.
f D. O. Caldwell, Phys. Rev. 100, 2&1 (1955).

where Z' is the total number of effective electrons, E„is
4/3 for all shells, I„ is the average excitation potential
of electrons in the ~sth shell, and Z„ is the number of
electrons in the vth shell. The sum in brackets is
between 1.04 for Be (18 Afev) and 1.4 for Au (10 3 fev).
The errors in this estimate are probably about 5%.

The experimental straggling is in addition determined
by the following effects: (1) Straggling due to multiple
scattering. This is not a symmetrical contribution. One
would expect it to be between 0.2AEA„and 0.55RA,
(where AR, „ is the difference between the mean range
along the proton path and the average projected range).
(2) The contribution of the resolving power of the
energy analyzer. This has been estimated to be about
d E/E= &0.2%, which causes AR/R to be (0.4&0.2)%.
(3) Unevenness of the foils. Scratches on the surfaces
of the foils are of the order of 1p in depth or less and
therefore (with a foil of 500@ thickness) cause an
effect of about 0.2%.

Since these effects are statistically independent, the
total contribution will be very small except for the
heavy elements where (1) will have a large influence.

The experimental determination of the straggliog was
done in two ways: (a) By measuring the difference
between the extrapolated and mean ranges (the strag-
gling parameter), the standard deviation from the mean
range could be determined from the relation ((R—Rp)')A„
= (2/pr)(R. &„,,„—Rp)'. (b) If it is assumed that the
lower half of the transmission curve (number of trans-
mitted protons (50%) is equal to half of an integrated
Gaussian, the standard deviation can be found directly.
After correction of the experimental values for (1), (2),
and (3), above, the two methods gave the same result
to better than 5%. The points between 45 and 50% and
those below 5% were of too low accuracy to be useful
in the calculation. The upper half of the range curve
always shows a larger straggling parameter than the
lower. This difference is approximately 10% in all
elements measured except Au (25%). It is possible
that this effect is caused in part by the mult&pie scat-
tering. The experimental values of straggling are com-
pared with theoretical ones in Table VIII.

Since the experiment and the theory are accurate to
only 5%, they are evidently in good agreement even
though there seems to be some systematic deviation.
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